For a w -hyponormal operator T acting on a separable complex Hilbert space H , we prove that: 1) the quasi-nilpotent part 
Introduction
Let H be a complex Hilbert space and let ( ) 
T T U T
As a natural generalization of Aluthge transformation Ito [2] introduced the operator , s t s t T T U T =  for 0 s > and 0 t > . Recall [3] , an operator ( ) B H T ∈ is said to be w -hyponormal if T T T * ≥ ≥   . We remark that w -hyponormal operator is defined by using Aluthge transformation T T U T =  . whyponormal was defined by Aluthge and Wang [3] and the following theorem is shown in [3] . In this paper, we characterize the quasinilpotent part of w -hyponormal. This is a generalization of the hyponormal operator case.
Basic Properties of w -Hyponormal Operators
In this section we prove basic properties of w -hyponormal operators. These properties are induced by the following famous inequalities. 
Since T is w -hyponormal then T  is semi-hyponormal and hence 
Therefore, A is w -hyponormal. As a generalization of w -hyponormal operators, Ito [2] 
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And the maximal eigenvalues of positive trace class operator ( ) ( ) 
Let P be the projection onto
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σ π * * * * * *   ′ ′ ′ ′ ≥ −     ≥ − = −          Since x H ∈ is arbitrary unit vector,( ) ( ) ( ) ( ) , , , , , 1 Area
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Corollary 2.7. Let T be w -hyponormal operator. Then 
by Hansen's inequality. Since A is normal we can write
Since A is an injective normal operator, and
Similarly, since T * is w -hyponormal, we have
and
From Equations (2.7) and (2.8) and Lemma 2.10 we conclude T T * = . Therefore, T is normal. In the following result, 1) and 2) are due to [2] , 3) and 4) to [8] 
Remark: The relations between T and its transformation T  are
It is shown in [13] that every p -hyponormal operator has Bishop's property ( ) β . 
be closed set. Define the global spectral subspace by
It is known that 
where we write accK for the accumulation points of C K ⊆ . Following [16] , we say that Weyl's theorem 
ker ker T T λ λ − = − is a finite dimensional reducing subspace of T which is included in ( ) 
Here k P is the orthogonal projection onto ( ) is the set of all poles of T . In general, if T is polaroid then it is isoloid. However, the converse is not true. Consider the following example. Let
Then T is a compact quasinilpotent operator with ( ) dimker 1 T = , and so T is isoloid. However, since T does not have finite ascent, T is not polaroid.
In [3] they showed that every w -hyponormal operator is isoloid. We can prove more: Proof. Suppose T is an algebraically w -hyponormal operator. Then ( )
Using the spectral projection ( )
where D is a closed disk of center λ which contains no other points of ( )
, and and \ 0
T is algebraically w -hyponormal and ( ) { } 
Relative to decomposition 3.1, 
we also say that the generalized Weyl's theorem holds for T (in symbol,
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and that the generalized Browder's theorem holds for T (in symbol,
It Recall that an operator ( ) It is known [21] - [23] 
In [24] , it is shown that the property ( ) . Therefore, the equivalence follows now from Theorem 2.5 of [26] . Recall that a bounded operator T is said to be algebraic if there exists a non-trivial polynomial h such that ( ) 0 h T = . From the spectral mapping theorem it easily follows that the spectrum of analgebraic operator is a finite set. A nilpotent operator is a trivial example of an algebraic operator. Also finite rank operators K are algebraic; more generally, if n K is a finite rank operator for some N n ∈ then K is algebraic. Clearly, if T is algebraic then its dual T * is algebraic. 
Proof. (i) If
T is an algebraically w -hyponormal then T has SVEP and hence T K + has SVEP by Theorem 2.14 of [28] . Moreover, T is polaroid so also T K + is polaroid by Theorem 2.14 of [28] . By Theorem 2.10 of [26] , then property ( )
* is an algebraically w -hyponormal then T * has SVEP and hence T K * * + has SVEP by Theorem 2.14 of [28] . Moreover, T * is polaroid so also T K * * + is polaroid by Theorem 2.14 of [28] . By Theorem 2.10 of [26] , then property ( ) gw holds for T K + . In this paper we extend these result to the case of w -hyponormal operator. In particular P is self-adjoint.
Riesz Idempotent of w -Hyponormalc
Proof. Since w -hyponormal operators are isoloid by Corollary 3.5.
Then λ is an isolated point of ( ) Next, we show that P is self-adjoint. Since Therefore, the proof is achieved.
Conclusion
In the study of w-hyponormal operator, the Aluthge transform is a very useful tool. It is an operator transform
